Let {a k } be a sequence of non-negative real numbers satisfying a 1 = l and (k + l)a k+1^k a k (*eN).
z 3
/w-. + T + T
shows that the conclusion in Brannan's theorem is sharp in that sense that "close-toconvex" cannot be replaced by the stronger one: "starlike". It is therefore of interest to see which additional condition can guarantee this stronger conclusion.
THEOREM. Let a* = 0, a x = 1, satisfy (1) and
Then the function (2) is starlike univalent in D.
While Brannan's theorem rests on the plain fact that (1) implies R e ( l -z ) / ' ( z ) > 0 (zeD) the proof of our theorem seems to require a fairly deep result of Vietoris [2] : LEMMA 
Let b o >0 and b k a non-increasing sequence of non-negative real numbers satisfying
Then, for n e N , Proof of the Theorem. Since the set of normalized starlike univalent functions is compact it suffices to prove the Theorem for sequences a k satisfying (1) In the first case we have/(z) = z and the conclusion is trivial. In the second case, using a reflection at (-1,1), we deduce that / ' is typically real. Hence Lemma 2 applies to/and the assertion follows.
